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Lonely weak tile
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Fuglede conjectured that spectral sets and tiles coincide. The conjecture is true in
some cases but in certain finite abelian groups we can construct spectral sets which
do not tile and we have examples for non spectral tiles. One of the most prominent
recent results in this field is due to Lev and Matolcsi who proved the conjecture for
convex set in R™ proving that every convex weak tile is a tile.

It does follow from the existence of spectral non-tiles that there are weak tiles
that do not tile. Kolountzakis, Lev and Matolcsi asked whether these are all possible
examples.

We construct a weak tile that is neither a tile nor spectral.



